Abstract. The space of functions of ordered harmonic bounded variation (OHBV) has been shown by Belna to contain the space of functions of harmonic bounded variation (HBV) properly. OHBV is a Banach space and HBV is a first category subset. The ordered harmonic variation has continuity properties quite different from those of the harmonic variation. The relationship of these classes to the everywhere convergence of Fourier series is discussed.
In the previous note C. Belna has shown that the inclusion OHBV D HBV is proper [2] . Here we discuss the implications of that fact for various problems on everywhere convergence of Fourier series and we will use Belna's example to show an important respect in which the ordered harmonic variation behaves differently from the harmonic variation. We will also show that with a suitable norm OHBV is a Banach space and HBV is a first category subset.
With C. Goffman [3] , [4] , and [5] we characterized the functions whose Fourier series converge everywhere for every change of variable. A right system of intervals at a point x is a collection of intervals {Ikt"}, k = 1, 2, . . . , n = 1, . . . , nk, such that for each k and n, Ikn+ x is to the right of Ikn, and for each 8 > 0 there is an N such that 4,71 C (x, x + 8) for k > N. A left system is analogously defined. Let f(b) -fia) = /([a, b]). A function is said to be regulated if it has right and left limits at each point. A regulated function / has a Fourier series which converges everywhere for every change of variable if and only if 2^_ [ /(4,")/n -* 0 as k ->■ oo for every right and left system at each point. The class of functions satisfying this property was called GW by A. Baernstein [1] in the paper in which we characterized the continuous functions (UGW) for which the Fourier series converges uniformly for every change of variable. The condition for UGW is obtained from that for GW by adding the proviso that 2?_, f(Ik^)/(nk -n + 1) -> 0.
The form of the conditions for GW and UGW clearly suggests that one look at ordered collections of intervals of the type that appear in the definition of OHBV, but our results [6] and [8] on the convergence of Fourier series of functions of generalized bounded variation seem to require the consideration of all collections of intervals instead. The basic result here is that Fourier series of a function in HBV converges everywhere and converges uniformly on any closed interval of points of continuity. Thus GW D HBV and UGW D HBVC; Xc will denote the continuous functions in class X. by condition (b) part one of Belna's construction. Thus, by the Banach-Steinhaus theorem, the set of g for which {Fm(g)] is bounded is of first category. For g E HBV, (Fm(g)} is bounded by the harmonic variation of g, implying that HBV is of first category.
